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Applications to bordism
Nil(z,MString)

e May's conjecture =

ker(m.MString — H.(MString; 7)) < Nil(w . MString).

o Always have

Im(Nil(z « M String)) € Nil(H (M String; Z)).

o We will show

Nil(H .(MString; 7)) < Nil(H .(MSO; 7)) = 0.

= ker(w,.MString — H,.(MString;7)) = Nil(w . MString).
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Applications to bordism

H,.(MString;7)

We will show:

H.(MString;7)

[

H.(MSO0;27)
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= these homology rings are reduced (no nilpotents).

Justin Noel joint with Akhil Mathew and Niko Naumann UniRegensburg



Applications to bordism

H . (BString;Zs)

@ Stong's calculations =

H.(BString;Fg) —— H.(BSpin;[Fg)

[

= these homology rings are reduced (no nilpotents).
@ The Bockstein SS

H.(BSO;Fg)®Falvol = H.(BSO;Z3)

Justin Noel joint with Akhil Mathew and Niko Naumann UniRegensburg



Applications to bordism

H .(BString;7Z5)

@ Stong's calculations =

H.(BString;Fg) —— H.(BSpin;[Fg)

[

= these homology rings are reduced (no nilpotents).
@ The Bockstein SS

H.(BSO;Fg)®Falvol = H.(BSO;Z3)

collapses at Ej

Justin Noel joint with Akhil Mathew and Niko Naumann UniRegensburg



Applications to bordism

H .(BString;7Z5)

@ Stong's calculations =

H.(BString;Fg) —— H.(BSpin;[Fg)

[

= these homology rings are reduced (no nilpotents).
@ The Bockstein SS

H.(BSO;Fg)®Falvol = H.(BSO;Z3)

collapses at Eg9 <= (all 2-torsion is simple).

Justin Noel joint with Akhil Mathew and Niko Naumann UniRegensburg



Applications to bordism

H .(BString;7Z5)

@ Stong's calculations =

H.(BString;Fg) —— H.(BSpin;[Fg)

[

= these homology rings are reduced (no nilpotents).
@ The Bockstein SS

H.(BSO;Fg)®Falvol = H.(BSO;Z3)

collapses at Eg9 <= (all 2-torsion is simple).

0 =

Justin Noel joint with Akhil Mathew and Niko Naumann UniRegensburg



Applications to bordism

H .(BString;7Z5)

@ Stong's calculations =

H.(BString;Fg) —— H.(BSpin;[Fg)

[

= these homology rings are reduced (no nilpotents).
@ The Bockstein SS

H.(BSO;Fg)®Falvol = H.(BSO;Z3)

collapses at Eg9 <= (all 2-torsion is simple).

e = the BSSs for BString and BSpin collapse at Es.

Justin Noel joint with Akhil Mathew and Niko Naumann UniRegensburg



Applications to bordism

H .(BString;7Z5)

@ Stong's calculations =

H.(BString;Fg) —— H.(BSpin;[Fg)

[

= these homology rings are reduced (no nilpotents).
@ The Bockstein SS

H.(BSO;Fg)®Falvol = H.(BSO;Z3)

collapses at Eg9 <= (all 2-torsion is simple).

e = the BSSs for BString and BSpin collapse at Es.

Justin Noel joint with Akhil Mathew and Niko Naumann UniRegensburg



Applications to bordism

H .(BString;7)

H.(BString;7),H .(BSpin;Z),H .(BSO;Z) have only simple
2-torsion.
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Applications to bordism

n.MString

Lemma (Mathew-Naumann-N.)

To summarize there is a commutative diagram:

. MString — H.(MString;7) —> H.(MString;Fs) x H,.(MString;Q)

| [ [

1. MSpin —> H.(MSpin;Z) —> H.(MSpin;Fs) x H,.(MSpin;Q)

! { l

n7+MSO ——> H.(MSO;7) —— H.(MSO;F) x H.(MSO;Q)
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. MString — H.(MString;7) —> H.(MString;Fs) x H,.(MString;Q)

| [ [

. MSpin — H.(MSpin;Z) — H.(MSpin;Fy) x H,.(MSpin;Q)

! { l

7. MSO —— H.(MSO;2) ——> H.(MSO;[F3) x H.(MSO;Q)

Theorem (Mathew-Naumann-N.)
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Thank you for your attention!
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